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GENERAL SOLUTION FOR THE ADFGVX CIPHER SYSTEM 

SECTION I 

INTRODUCTORY REMARKS 
Paragraph 

Nature of the problem _____ -----_------------- ___ ----_----_----___________ 1 
Purpose of this paper ____________ --- ________ --____________________________ 2 

1. Nature of the problem.-During the World War, the Germans employed a combined 
substitution-transposition system known as the "ADFGVX cipher" because the cipher text 
consisted solely of the letters, A, D, F, G, V, X. At the close of the war there were three 
methods 1 of solution, dependent upon special cases involving: 

(a) Finding two messages with similar beginnings; 
(b) Finding two messages with similar endings; 
(c) Finding several messages which were enciphered by means of completely filled 

rectangles (the "exact factor" method). 
A study was undertaken, to provide a general method of solution not only for its historical 
interest but also for the technical features involved. 

2. Purpose of this paper.-This paper is written to present the results of the study made, 
since it is believed that the principles involved may be applied to other cipher systems. 

1 For a detailed exposition of the principles involved, the reader is referred to Elements of Cryptanalysis, 
Signal Corps Training Pamphlet Number 3, and a paper by First Lt. J. Rives Childs, Report on German 
Military Ciphers. 

66344-34 { 1) 



SECTION II 

DISCUSSION AND ILLUSTRATION OF METHOD 
Paragraph 

General discussion ____________ - ___ ---- ___________________ ------ _________ -- 3 
Illustration ___________________________________________________________ -__ 4 

:3. General discussion.-The general solution 1 herein presented is based on a study of thP 
frequencies of the initial and final elements of the digraphs used in encipherment and presup
poses that the substitution checkerboard has not been consciously manipulated with a view 
to making it perfectly homogeneous. (See Givierge, p. 217.) It is assumed that the reader 
has solved ADFGVX messages by the principle of similar beginnings and endings. 

Twelve messages enciphered in the same key were submitted for examination. They are 
attached hereto, in appendix II. 

The first step is to determine whether the transposition rectangle involves an odd or an 
even number of columns. The method is based on the following reasoning: If an even width 
is involved, then all the letters in any one colmnn will be either initial or final letters of digraphs; 
if an odd width is involved, the letters in a column will be alternately initial and final letters of 
digraphs. Since the first letters of every message are in the same category-i.e., either initial 
or final-they may be combined into a single frequency table. Furthermore, since it is certain 
that the third, fifth, etc., letters are in the same category as the first letter, so long as they 
are in the same column, they may be added to the frequency table. It is, however, necessary 
to limit the number of letters taken from the beginning of any one message to a reasonable 
length of column, depending on the size of the message. It may be safely assumed that a 
transposition rectangle of no more than 25 columns is being used. For a similar reason, the 
second, fourth, etc., letters may be put into a single frequency table. If an even width is 
used, the two tables will be similar; if an odd width is used, the two tables will be different. 
The similarity or difference is easily discernible with as few as 20 or 25 letters per table. 

4. ruustration.-The following are the tables 2 for the test messages: 

First, third, etc. Second, fourth, etc. 

A D F G v X A D F G v X 
~ ~ - ~ ~ ~ - ~ ~ ~ ::::::: ,..._ 

::::::: -::::::: -~ ::::: ~ -- ~ ~ -~ ........ ........ --
FIGURE 1 FIGURE 2 

1 This solution, obtained by Mr. F. B. Rowlett, Dr. S. Kullback, and Dr. A. Sinkov, was made without a 
knowledge of the remarks contained in General Givierge's Cours de Cryptographie, p. 209 ff. It was only after 
the successful completion of the solution that this reference was encountered-during the preparation of this 
paper. A translation of General Givierge's remarks is attached as appendix I. 

2 The portions used to make these distributions are as follows: 

Message Length 

I 
Letters taken Messa.ge Length Letters taken 

I 212 VDDGGGVF VII 254 GAFGFFXFVF 
II 108 VDAA VIII 144 DGVVG 

III 186 DAGAAFG IX 182 GDDDDXV 
IV 110 ADXV X 130 DGDDF 
v 202 DFXFDDVV XI 186 VFDDVAX 

VI 120 
I 

GDGF XII 224 XFDFXVVDV 

(2) 
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There can. be no question. that the two tables are dissimilar, and the indication is clear that 
a. transposition rectangle with a.n odd number of· columns is here the case. The outstanding 
difference in frequency in the cases of the letters V, X, and Fin figure 1 as compared with the 
same letters in figure 2 sufficiently differentiates the two tables. Letters V and X are of high 
frequency· in the odd positions but of low frequency in the even positions, whereas the letter F is 
of low frequency in the odd positions and of high frequency in the even positions. 

M:essages III and XI each contain 186 letters; if they are superimposed, appearances of V 
and X will most probably occur in alternate positions of one category and appearances of F in 
alternate positions of the other. A reversal of this alte1'1tation definitely indicates the end of one 
column and the beginning of another. 

With this in mind, examine messages III and XI. 

• 3 4 s 6 1 8 9 w u u u u u w u ~ u ~ n ~ ~ 

III. D A G A A F G A G V D A F G G X F D X D F V V 
XI. V F D D V A X G D A D F G G G G F G D D F X X 

U Z ~ ~ ~ ~ ro U ~ ~ M M R M ~ ~ • G ~ ~ « ~ ~ 

III. X G F X F D X D D A G A D D G V A D D V D D G 
XI. D A F D D X G G A V G A G D V D F D F D D D G 

~ M ~ ro M U ~ M M 00 • 00 W 00 M U ~ M M 00 U 00 00 

III. A F G A V G D G X D D D A V F V D D F D A A A 
XI. A F A F D A A A G V A V F G G V A D D G D D F 

III. 
XI. 

A D X A G D X A 
G F V D D A D F 

G G D D A V G V F 
G A F D F V D D F 

G D V F V D 
V V V A D A 

93 94 95 96 97 98 99 100 101 102 103 104 105 106 107 lOS 109 110 111 112 113 114 115 

III. G G X G G A F F V F D A X G D D D G D A F D A 
XI. G D X F X X X F F D X G D F D G F D D F G D A 

1111 117 118 119 1~ 121 122 123 124 126 126 1~ 1~ 129 130 131 132 133 134 135 136 137 138 

III. D G G A D D G D X A F V D F D X F V G D D V A 
XI. G F A A G G A D X D G V D G A V G V D F D D F 

139 140 141 142 143 144 145 146 147 148 149 150 151 152 153 1M 155 100 lli7 lliS 159 160 161 

III. V F D D D V F A G D F F F X A A D F A D G G V 
XI. X G A G X F G V F V V D G V D X D F F F X G X 

1U 163 1M 165 166 167 168 169 170 171 172 173 174 175 176 177 178 179 180 181 182 183 184 

III. F D A V D G X F V D A A V G D X F G G D D X G 
XI. G X A G A G V G D V V X G F V D X 0 0 X F V D 

185 186 

III. D A 
XI. D X 

FIGURE 3 
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Within the first ten letters, it is noticed that the V's and X's fall in the odd places and the 
F's in the even; in the next ten the F's are in the odd places and the V's and X's in the even. 
This reversal would indicate that column 1 of the transposition rectangle ends somewhere 
near the tenth letter. This same sort of reversal takes place in the third ten, but this time 
the break is definitely indicated. The simultaneous appearance of ·v and X in the sequent 
positions 22 and 23 indicates that 22 is the end of one column and 23 the beginning of another.1 

If columns 1 and 2 constitute 22 letters of the text, it follows that (1) each of them contains 
llletters; (2) the width of the transposition rectangle is 17 columns; and (3) the transposition 
rectangle contains but a single short column. 

There is one other message which also contains one short column, viz, message VII of 
254 letters, since (17X15)-1=254. The columns of this message contain four more letters 
than the corresponding columns of III and XI. Assuming, momentarily, the last column 
to be the short one, message VII may be added to the superposition of III and XI provided 
these sets of four additional letters are accounted for. 2 

2 4 5 6 7 8 9 10 11 12 13 14 15 16 17 18 19 20 21 22 

III. D A G A A F G A G v D A F G G X F D X D F v 
XI. v F D D v A X G D A D F G G G G F G D D F X 

VII. G A F G F F X F v F G A G G X D X X D D F A 
F X A v G v D D 

23 24 25 26 27 28 29 30 31 32 33 34 35 36 37 38 39 40 41 42 43 44 

III. v X G F X F D X D D A G A D D G v A D D v D 
XI. X D A F D D X G G A v G A G D v D F D F D D 

VII. v D v F F A D A v A v A D A A F v F D v F D 
F v G G X F X X 

45 4fi 47 48 49 50 51 52 53 54 51i 56 57 58 59 60 fit 62 63 64 65 66 

III. D G A F G A v G D G X D D D A v F v D D F D 
XI. D G A F A F D A A A G v A v F G G v A D D G 

VII. G D X D D F v D F F X v A D X v A X D v X A 
D v F X F F v D 

67 68 69 70 71 72 73 74 75 76 77 78 79 80 81 82 83 84 85 86 87 88 

III. A A A A D X A G D X A G G D D A v G v F G D 
XI. D D F G F v D D A D F G A F D F v D D F v v 

VII. F D G X F D G F D D F A A F v F F v X D G F 
v D v v D D v A 

89 90 91 92 93 94 95 96 97 98 99 100 101 102 103 104 105 106 107 108 109 110 

III. v F v D G G X G G A F F v F D A X G D D D G 
XI. v A D A G D X F X X X F F D X G D F D G F D 
VII. D D F D D D X F F A G A A G v D G G v D F G 

F X F X G G X D 
FIGURE 4 

1 There is nothing of an absolute nature in this point. It is merely an indication based upon probabilities--
not a conclusive proof. 

2 In figure 4 the extra four letters pertaining to the columns of message VII are shown as falling under 
the last letters of the columns of messages III and XI, but this is only an arbitrary placement. It is sufficient 
to place these extra letters in such positions as will make the first one of the series begin in an even place. 
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111 112 113 114 115 116 117 118 119 120 121 122 123 124 125 126 127 121 129 130 1i1 132 . ·, . . 

D A F D A D G G A D D 
D F G D A G F A A G G 
F D F V A F F G F X G 

D A X D 

G D X A F V D F D X F 
A D X D G V D G A V G 
G D G G D D A V D X A 

D F A F 
133 134 135 136 137 138 189 140 141 142 143 144 145 146 147 148 149 150 151 152 158 154 

V G D D V A V F D D D 
V D F D D F X G A G X 
V F ·x D D X V A G D V 

V D D F 

V F A G D F F F X A A 
F G V F V V D G V D X 
X D G X X D V F V F D 

D D D A 
1M 156 157 158 159 160 161 162 163 1M 165 166 167 168 169 170 171 172 173 174 176 176 

D F A D G G V F D A V 
D F F F X G X G X A G 
A F D F X D X G D A A 

F V D F 
177 178 179 180 181 182 183 184 185 186 

D G X F V D A A V G D 
A G V G D V V X G F V 
D V D D V A D D V 0 V 

A V D G 

III. X F G G D D X G D A 
XI. D X D D X F V D D X 

VII. A F V F X F A A V D 
D F V 0 

FIGURE 4 

Employing the same reasoning as before, it is quite evident that there is a break between 
positions 55 and 56. It follows, therefore, that the first five columns of the transposition 
rectangle are all long ones. 

These five columns are of two sorts or classes which we shall designate + and - ; one class 
comprises the odd-nwnbered columns, the other the even-numbered columns of the transposition 
rectangle. Let us see if each of the five columns can be properly classified accordingly. 

For each column a frequency table of the letters in the odd and even places is made. If 
the table corresponds to that already made for the alternate positions of the first column, in the 
sequence odd--+ eyen (see figs. 1 and 2), it is designated as+. If the table is reversed, that is, if 
the approximation to figures 1 and 2 is closest when the sequence is even --+ odd, it is designated 
as-. 

It is found that the first five columns are, respectively, + + + - +. 
To help in the classification of further columns, a more mathematical procedure is desirable. 

The tables of figures 1 and 2 may be enlarged to correspond to the additional information that 
the rectangle is only 17 columns wide.1 The letters are weighted in accordance with their 

1 The portions used to make these distributions are as follows (underlined portions indicate additional 
letters over those used in making figs. 1 and 2): 

M1!118811e Length Letters taken Message Length Letters taken 

I 212 VDDGGGVFDFVD VII 254 GAFGFFXFVFGFXA 
II 108 VDAAVD VIII 144 DGVVGFXG 

III 186 DAGAAFGAGV IX 182 GDDDDXVgyQ 
IV 110 ADxm X 130 DGDDFVF 
v 202 DFXFDDVVVDX XI 186 VFDDVAXGDA 

VI 120 GDGFXAG XII 224 XFDFXVVDVDAVD 
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frequencies as follows: 

First, third, ete. Seeond, fourth, etc. 

A D F G v X A D F G v X 
4 14 5 11 15 10 9 15 14 8 7 2 

FIGURE 5 

Message V of 202 letters has two short columns (17X12-2=202); whereas the three mes
sages dealt with thus far each have but one. That is, message V has one short column in common 
with messages III, VII, and XI, and one more short column that messages III, VII, and XI do 
not have. Can this additional short column of message V be located? Suppose column 1 is 
the additional short column. Then the letters which would appear in column 2 are F X F X 
F F F V A G F D. These letters when weighted according to figure 5 yield 77; when weighted 
according to figure 5 reversed yield 144. The calculation is as follows: 

Distribution of letters into odd and even positions: 

A D F G V X 
~ 

. {4+25+15+14+ 8+ 7+ 4 Total= 77 
Weighted Values 9+70+14+ 5+11+15+20 Total=144 

In other words, column 2 for this arrangement is-. It is, however, known from what has 
preceded that 2 is a + column; hence, column 1 is not the additional short column of message 
V. Assuming 2 to be the extra short column, no such contradiction is obtained, for the calcula
tion is as follows: 

Assuming column 2 to be short, the letters of column 3 are X A V D A G F D V D 
G F. 

Weighted frequency value for odd-even sequence (letters X V A F V G and A D G 
D D F)=136. 

Weighted frequency value for even-odd sequence (letters A D G D D F and X V A 
I F v G)=109. 
Hence column 3 is a + column, which is consistent with the formula + + + - + for 

columns 1 to 5, as previously determined. 

If all the foregoing reasoning is correct, and column 2 is the additional short column, it must be 
the next to the last column of the transposition rectangle. Since it is +, the last column must 
be a - one; therefore, there are nine - columns and eight + columns; it is now definitely 
determined that the - columns are the odd ones and the + columns the even ones. 

The single short column which is common to messages III, XI, and VII is one of the columns 
beyond the fifth. Assuming each possibility in turn, there is obtained for the class of each 
column the following distributions of + and -: 
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Column 

Assumption 
1 2 3 4 6 6 7 8 g 10 11 12 

- - - - - - - - - - -
(1) 6th short ________________ + + + - + + + + - + + + 
(2) 7th short ________________ + + + - + + - + - + + + 
(3) 8th short ________________ + + + - + + - - - + + + 
( 4) 9th short_ _______________ + + + - + + - - + + + + 
(5) lOth short _______________ + + + - + + - - + - + + 
(6) 11th short _______________ + + + - + + - - + - - + 
(7) 12th short _______________ + + + - + + - - + - - -
(8) 13th short _______________ + + + - + + - - + - - -
(9) 14th short _______________ + + + - + + - - + - - -

(10) 15th short _______________ + + + - + + - - + - - -
(11) 16th short_ ______________ + + + - + + - - + - - -
(12) 17th short ______________ - + + + - + + - - + - - -

FIGURE 6 

The correct assumption must satisfy the following conditions: 
First, there must be nine minus and eight plus columns; 
Second, the short column must be minus. 

13 14 

- -

- -
- -
- -
- -
- -
- -
- -

+ -
+ + 
+ + 
+ + 
+ + 

Summation of 
+'sand-'s 

15 16 17 

- -
- - - 10+, 7-
- - - 9+, 8-
- - - 8+, 9-
- - - 9+, 8-
- - - 8+, 9-
- - - 7+, 10-
- - - 6+, 11-
- - - 7+, 10-
- - - 8+, 9-
+ - - 9+, 8-
+ + - 10+, 7-
+ + + 11+, 6-

Only assumptions (3) and (5), in which column 8 and column 10 are short columns, satisfy 
these conditions. 

Therefore, column 2 is followed by either column 8 or 10. Testing 2-8 for a monoalpha
betic distribution, there is obtained: 

Testing 2-10, there is obtained: 

A D F' G V X 
A 
D 
F 
G-= 
v 
X 

A 
D 
F 

'---.!.--'-- --'----'----'-----' 

ADFGVX 

G ----
V 
X 

'---'---'---'---'---'------' 

Obviously the combination 2-8 is the better. 
It is possible by introducing messages with additional short columns to determine more of 

the key; thus, it was found by using messages XII and VI that the first three columns were 
16-5-7. Anagramming will yield the solution at least as rapidly. 

The final solution is given by the transposition key: 

16 
v 

5 
I 

7 
K 

6 
I 

9 
N 

3 14 
G S 

1 13 11 17 10 
C R 0 W N 

4 12 15 
H 0 T 

2 
E 

8 
L 
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The substitution key is: 

A D F G v X 

A v I 9 K N G 

D 7 s c 3 R 0 
~-' 

F w H 8 T E 5 

G L A 1 B 2 D 

v 4 F 6 J 0 M 
X p Q u X y z 
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APPENDIX I 

TRANSLATION FROM "COURS DE CRYPTOGRAPHIE" BY GEN. M. GIVIERGE-PAGE 209 ff. 

The most frequently encountered combinations of substitution and transposition involve 
transposition diagrams. But even so the number of possible variations is very great, for each 
plain-text letter may be represented by one or two characters and in the latter case the trans
position may take place before or after the substitution and may be a.pplied to single characters 
or to pairs. Besides, the substitution may be either monoalphabetic or polyalphabetic. We 
shall cite some of these possibilities, indicating in a summary fashion what ideas may be utilized 
to obtain the solution. 

In general, given only one message to study, the chances of recovering the key are quite 
small. With a greater amount of text at hand, one may find messages of the same length, or 
having identical beginnings, and may avail himself of the ideas applying in such cases. It may 
even happen that one is in possession of the plain text of certain of the cryptograms. 

Quite often the greatest difficulty is encountered in finding the number of columns in the 
transposition rectangle. Cryptograms having the same beginnings permit one to obtain the 
lengths of columns from which information one may get an idea of the kind of table used and 
which are the long and short columns. The examination of additional messages in the same key 
permits the elimination of some of the incorrect hypotheses. Sometimes one can even arrange 
the columns into long and short ones and then with several cryptograms of different lengths 
which also differ as to the number of long columns, it may happen that one can reconstruct the 
order of some of the columns. Other remarks, as we shall see, may help in this research. 

When the substitution is monoalphabetic, letter for letter, and the transposition is effected 
by means of a design, the order of. the two operations is immaterial; one may substitute before 
transposing or else substitute after the first cryptogram has been obtained by transposition. 

Such a cryptogram yields a frequency table analogous to that for a monoalphabet and in 
most cases E can be picked out without difficulty. But the characteristic grouping is lacking for 
finding digraphs which would permit one to fit columns together. 

If one knows the number of columns in the rectangle, an attempt may be made to guess a 
probable word using considerations of the type presented in the chapter on Transpositions. 
The frequencies of the cipher letters will serve as a guide in identifying those letters which make 
up the probable word. 

However, this identification and the determination of the portion of the table which corre
sponds to the probable word are very difficult except in the case when the probable word is very 
characteristic either because of very frequent letters or better still because of very infrequent 
letters. Although the encipherment involved is quite simple, it nevertheless yields cryptograms 
of a high degree of security especially if the key is long and the cryptograms are short. 

(9) 
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In order to study cryptograms built up by first substituting numbers for the letters and 
then transposing the individual digits, we shall first suppose that the substitution table is the 
one given below: 

.... 

1 

2 

3 

4 

5 

1 2 3 4 5 

A B c ·DIE 
p· G H I J 

K L M N 0 

p Q R s T 

u v X y z 

Each letter is enciphered by setting down the number of the column, followed by that of the row 
in which it is found. We shall now try to elucidate what takes place in the transposition. 

Mter this last operation has been completed, we will have a cryptogram containing only 
the first five digits which give it a characteristic appea.ro.nce. 

It would be a good idea to begin by counting the frequency of each digit. 
Let us make a remark on this point. H the frequency of each letter is entered into the 

enciphering table and the sums obtained for each row o.nd column, we find: 

Total 
A 7 B 1 c 4 D 4 E 17 33 
F 1 G 1 H 0 I 7 J 0 9 
K 0 L 5 M 3 N 9 0 7 24 
p 3 Q 1 R 7 s 7 T 7 25 
u 7 v 2 X 0 y 0 z 0 9 

TotaL ___ 18 10 14 27 31 

The 1' sin the cryptogram arising ·from a column (as the first figures of a group), together 
with those resulting from a row (as the second figures of a group) have a normal frequency 
proportional to 33+18=51. 

Simi1a.rly the remaining digits will have frequencies proportional to the figures given below: 

No. Frequency 
2-------- 91r10~19 
3-------- 241r14~38 
4:--------· 261rZ7-IS2 ,________ 91r31--40 

H then the cryptogram at hand has been enciphered with a table analogous to that which 
we have chosen, with the letters in the same place as in our example, the frequencies of the 
digits will be proportional to the above numbers. 

Another remark is the following: H the transposition recta.Dgle has an even number of col
umns, the first line will contain an exact number of cipher digraphs; if the table has an odd 
number of columns, one digraph will be cut in two, the first figure being in the last column 
of the first line, the second figure being in the first column of the second line. In the first case 
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(even width) each column of the table will contain only initial figures of cipher digraphs or else ·· · 
only final figures. In the second ease (odd width) there will be a mixture in each column, 
the odd lines beginning with an initial digit, the even lines with a final digit. 

If then in the first case we suppose th~ columns to be known and separated in the resulting 
cryptogram, tlie odd columns will yield frequencies based on the initial figures of digraphs, 
the even columns will yield frequencies based on the final figures of digraphs. Now for certain 
figures these frequencies are considerably different. 5 as an initial is much more frequent 
than as a final (31 against 9); 1 as a final is quite .a bit more frequent than as an initial (33 
against 18). These characteristics in the columns of the cryptogram will show up even though 
they are not sufficiently definite to permit the determination of the end of one column and the 
beginning of the next. In the case of a rectangle of an odd number of columns, this charac
teristic disappears, the distribution being practically uniform, but it will be discovered if one 
considers the digits in the even places of a column and the digits in the odd places provided 
the columns are sufficiently long for some law to be discovered. 

It is therefore possible, given several messages, to determine the number of columns in 
the rectangle, at any rate after some trial. 

When this has been accomplished, one may try to pair off the columns on the basis of 
frequency, granting that the best pair is that one which gives the greatest number of E's. 

Suppose we have the following cryptogram: 

25534 45414 51143 13441 13353 11423 13121 55135 35341 

24244 12141 45311 45525 45322 55 

By means of the 5's and the 1's, one can with a sufficient degree of approximation dis
tinguish six columns in the following order: 1 odd, 2 even, 1 odd, 1 even, 1 odd. As the total 
number of letters is divisible by 6, the rectangle is completely filled and we will not have any 
doubt about long and short columns (a difficulty which it must be admitted will arise and 
will require trials to be made on a number of messages in order to permit one to make hypotheses 
about the beginnings and ends of columns). 

Let us therefore cut the given cryptogram into six equal columns: 

! ........ 255344541451 IV ........ 513535341242 
!!. ....... 143134411335 v ........ 441214145311 

!!! ........ 311423131215 VI ....... -455254532255 

and try to fit the columns together. In making this trial we may suppose the odd and even 
columns known and will consequently try to fit together only an odd and an even column .. 
If, however, we were not sure of the character of the columns, we would make our trials on all 
the columns. 
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Let us successively set columns II, III, a.nd V next to I, IV, and VI: 

A B c D E F G ,.....---. ---- ,.....---. .......--... .......--... .......--... .......--... 
I 
2 
5 
5 
3 
4 
4 
5 
4 
1 
4 
5 
1 

II I III I v IV II IV IlL IV v VI II 
1 2 3 2 4 5 1 5 3 5 4 4 1 
4 5 1 5 4 1 4 1 1 1 4 5 4 
3 5 1 5 1 3 3 3 1 3 1 5 3 
1 3 4 3 2 5 1 5 4 5 2 2 1 
3 4 2 4 1 3 3 3 2 3 1 5 3 
4 4 3 4 4 5 4 ·5 3 5 4 4 4 
4 5 1 5 1 3 4 3 1 3 1 5 4 
1 4 3 4 4 4 1 4 3 4 4 3 1 
1 1 1 1 5 1 1 1 1 1 5 2 1 
3 4 2 4 3 2 3 2 2 2 3 2 3 
3 5 1 5 1 4 3 4 1 4 1 5 3 
5 1 5 1 1 2 5 2 5 2 1 5 5 

If we then consider the frequencies of the various digraphs, we have: 

11 

12 

13 

14 

15 

21 

22 

23 

24 

25 

31 

32 

33 

A 

1 

-
-
-

1 
-

1 

-

r--
1 

r--

'--

B 

1 

-

-
-

1 
-

-
1 

-

-

c 

1 

-

1-

1-
1 

1-

r--

1 

-
-

1 

D E F G H 

1 2 _I_ 
-

- - ~ - -

1 1 
- r-- - - -

1 

211 1 
- - r-

1 
- -

~I 
-

1 ,_ 
1 

'---

1 1 
- - - - -

+. 
3 1 

-

1 

I 

-

-

-

-

1 
-

1 
-
-

1 
-

i 

34 

35 

41 

42 

43 

44 

45 

51 

52 

53 

54 

55 

A B 

t 
1 

1 

2 

2 2 

1 
- -

- -
4 

2 
- -

2 
1-· 

c D E F 

1 

1 1 1 1 

1 1 1 

2 1 
-

- -
3 2 

1 

2 
-

1 1 1 2 

.H I .......--... .......--... 
VI III VI v 
4 3 4 4 
5 1 5 4 
5 1 5 1 
2 4 2 2 
5 2 5 .1 
4 3 4 4 
5 1 5 1 
3 3 3 4 
2 1 2 5 
2 2 2 3 
5 1 5 1 
5 1 5 1 

G H I 

I 1 
f--

1 
f-- - -

,_ 

2 
·-

1 2 

f--

4 5 
r--

1 

3 
- 1--

2 1 

1 1 

We observe in this table, in which the correct solutions are B, D, and I, that the highest 
frequencies are those of E (51), and that the incorrect pairings do not often present a higher 
frequency (the digraphs spreading out over the whole scale of numbers). It does, however, 
happen that the combination which corresponds to E will not exhibit this property in an incorrect 
pairing except for a few accidental cases the chances for which decrease as the length of column 
increases. 
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Keeping that remark in mind, let us apply it to the ease in which the alphabet has been 
entered norma.lly into a square but for .which we do not know the number scheme .adopted for 
the rows and columns. In other words, we do not know the'key of the substitution table; ·We 
have the means of discovering E. It will be the group corresponding to the· greatest frequencies 
obtained by coupling each column successively with all the others; remembering, of course, that 
one must expect errors as the result of chance. · _ 

· When the columns have been coupled together in this way and E has been discovered, one 
has the means of obtaining new letters on the basis of frequency since each number digraph rep
resents one letter. We already know, if the alphabet has been inserted normally, which letters 
are on the same row and which are in the same column with E, also which of these are frequent 
and which are infrequent. The determination of each new letter will give additional information 
about its row and its column. For example, J corresponds to a group whose :first figure is the same 
as that for E. Among the letters having the same second figure as J only I is frequent. There
fore the row F G H I J will correspond to an infrequent letter in the E column and will have 
one frequent letter in it. One will also observe that on the row K L M N 0, only the letter K is 
very infrequent. If then one row involves four frequent letters the fifth being absent, it will 
probably be the third and the column corresponding to the absent letter will be the :first one. 

Once several plain-text letters have been obtained, an attempt is made to obtain the trans
position rectangle by setting the paired columns next to each other in their proper relationship. 
We will thus have solved the following problem: Reconstruct the transposition key and the 
coordinates at the side and top of the substitution square, given the alphabet which has been 
·inscribed in the square. 

If one found that the transposition key involved an odd number of letters, then it would 
be necessary to use the even letters in each column first with one column on the right and then 
with that same column on the left, after which it would be necessary to treat the odd letters 
in t~e same way. One would thus have to make four trials for each one of the preceding cases. 

The reasoning, of which we have given but a short sketch above (with a.n attempt to stray 
as little as possible from general considerations without getting into problems in cryptanalysis 
which are beyond the elements of that science), is based upon the inequality of the frequencies 
of the rows and columns of the enciphering square. Thus, we were able to use the characteristic 
frequencies of the 5 and the 1 to draw conclusions about the make-up of the transposition dia
gram. 

..... 

An attempt has therefore been made to construct a table in which the total frequencies of 
the rows and columns would be practically the same, without making the alphabet a secret or 
variable element and permitting one to keep it in writing with the possible risk, of course, 0 ( 

having it fall into the hands of the enemy. The following table satisfies that condition: 

Total 
E 17 K 0 H 0 v 2 y 0 19 
G 1 L 5 I 7 R 7 J 0 20 
Q 0 c 4 N 9 B 1 T 7 21 
X 1 D 4 F 1 s 7 u 7 20 
z 0 A 7 p 3 M 3 0 7 20 

Total ____ 19 20 20 20 21 



The diffi:eulty of cryptaneJ.ysis has been considerably increased a.nd in particula:r the differ
aliCe in frequencies:. of· the 5 and 1, which was pointed out in the preceding system, no longer
appeam. We can, however, still attack messages based on such a, procedure by making vari.ous 
t:risls bBSed on different hypotheses as to the lengths of the columns in the rectangle rmless the 
comparison of several messages gives more precise means of obtaining that information. The 
work is based on this observation that E is the only frequent letter in its row and column. When 
au: attempt is made to couple two columns, the eorrect result, viz., that one which yields the 
greatest number of E's, wiH show very few other combinations using the same initia.J. or the 
same :6n.al: digit as E. 

We see then that, in spite of its complication, a system of simple substitution and transpo .. 
sition lll8.Y be attacked by a cryptanalyst with a fair possibility of success. The best test would 
be to have for study a minimum number of messages in the same key, the variable elements 
being the alphabet inscribed in t"he square and the transposition key. 
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APPENDIX n 
MEssAGES UsED IN ExPLANATION 

I 

V D D G G G V F D F V D V V F V D GAD D A F F F 

V D X F D D X D V X A D V D V F X G D F V A D D G 

D G D G V G D D D F X F A D A V D V G D GAD XV 

D A D A D F X A V F V D D A A V D F F D F V G D F 

V D D G V D D D D A V A D A F ADD X A D D G A D 

F V G F V D G A D V F X V X D G D D A G G D D X F 

F D D X A D F G D A G X D D A V F D A F G V F V F 

A F F V F A F X G F X D G V A D F V D G G A V G G 

D D G D V X A X F D D X (212 letters) 

II 

V D A A V D D F X F X D D A X G X F X D D F X AD 

V A G D D F A X D V A V D V D D F V F V F F G D G 

F VA XV X A V G D V D X F D X D G A X G F G G F 

V F G D F V D X A V X D D V G D D V G V A G F X F 

A A A X D D X G (108 letters) 

III 

D A G A A F GAG V D A F G G X F D X D F V V X G 

F X F D X D D A G A D D G VA D D V D D G A F G A 

V G D G X D D D A V F V D D F D A A A A D X A G D 

X A G G D D A V G V F G D V F V D G G X G GAFF 

V FDA X G D D D G D A F D A D G GAD D G D X A 

F V D F D X F V G D D V A V F D D D V F A G D F F 

F X A AD FAD G G V F D A V D G X F V D A A V G 

D X F G G D D X G D A (186 letters) 
(115) 



16 

IV 
A D X V F X V G G V F D D V A F G A A V F D G V D 

D D G D G F D V V A F G X F X F D D D D V G D A X 

D A X D D D A G V F F A A D V G D F X G X G V G D 

D D D A D V X V F A V D A X X D F A A F A V D V G 

V D V D D A X D A A (110 letters) 

v 
D F X F D D V V V D X F X F X F F F V A G F D X A 

V D A G F D V D G F A D A A D F D V F G DAD F V 

F V F X G X D D A G D V G V F D G X X D F F G D G 

X G V D D V D D F G F V G D D V F V A G X X D F V 

D X A V F G A G A G A X D V D F X G V G DAD D X 

A G X D A D F D G X F D G G F V G X V V G D D D A 

G X V D G V D V G X D D F D D V A G A A D G D D F 

D G A G D F D D D D X G V G V G G G D G X D F G F 

A D (202 letters) 
VI 

G D G F X A G V F V D D X G X D V D D A X D A A X 

F A G V G D X F F V X F A D G F F D X A A F V X F 

D F X F V G D G F X F D V V X V G D F V D D V F D 

F V V D V D G G V F X F G V X F F V G V D D G D D 

D D G D D A V G V X G A F F X F V D D D (120 letters) 

VII 

G A F G F F X F V F G F X A V A G G X D X X D D F 

A G V D D V D V F F AD AVA V F V G G AD A A F 

V F D F V D X F X X G D X D D F V D F F XDVFX 

VA D XV A X D V X A F F V D F D G X F D G F D D 

F V D V V A A F V F F V X D G F D D V A D D F D D 

D X F F A G F X F X A A G V D G G V D F G G G X D 

F D F V A F F G F X G D A X D G D G G D D A V D X 

AD FA F V F X D D X V A G D V V D D F X D G X X 
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D V F V F D D D D A A F D F X D X G D A A F V D F 

D V D D V A D D V D VA V D G A F V F X FA A V D 

D F V D (254 letters) 
VIII 

D G V V G F X G G G A D F A F V V VA X A V G G V 

V D V G V V D A V G D G 0 G A V F D D A D D D X X 

D X F V F X G V G G D G D F G G DAD F D D X A V 

F D D V F AD X G D A D G V A F F X AD FAD X D 

G FAD F D D G V D V X AVA D D X F F A G D X F 

F V F G F G F D F D V D X X D D G G D (144 letters) 

IX 

G D D D D XV G V D V D A V G F G D F V D VA V D 

G FAG X A V F F G VA D D D AX XAX D GAD G 

X A V V D G X X A A AVA D A D G X D V G D D D D 

G V F X A A V G G V F X D A F D G V G A F G D D F 

A V V G D D V D F X D V D G F V A A G D X F D VA 

AD A G D A X F V G D D D A G VA V F G X X F D D 

G X F V D G G D A V D A G G F D A X D X F F V G F 

A X X AD D F (182 letters) 

X 

D G D D F V FA V D V F D A D G F V G V G G D F V 

D V V X D D F D D V G X G V D X G V G D X D G D X 

F X F D X V D A AD D F X D D A F FA A FVFAG 

D A A G G FA X G V X X F X A D G D F D G X G D A 

D A X G V V V D A A G G V F G VA V F V A A G A X 

GXDGA (130 letters) 
XI 

V F D D V A X G D A D F G G G G F G D D F X X D A 

F D D X G G A V G A G D V D F D F D D D G A FA F 

D A A A G V A V F G G VA D D G D D F G F V D D A 
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D:FGAF D F V D D F V V VA D A G D X F X X X F 

FDXGD F D G F D D F G D A G FA A G GAD X D 

G V D G A V G V D F D D F X G A G X F G V F V V D 

G V D X D F F F X G X G X A G A G V G D V V X G F 

V D X D D X F V D D X (186 letters) 

XII 

XFDFX V V D V D A V DAD V FAG D G VA D D 

FDA AD XADFV G V D G F XFGDV F V D D D 

DGDVV A V V V F ADD AX A V F V A D A X D V 

GDDFA XDDGX GVFXA V XV F D G D X D F 

DVXAD VAVAV G V D D D A F D FA D V F F V 

VGDAG FXDDF AD V XV D F X F F V V G F X 

XGFVA V FAG G D A V V D X D X G D D V VA D 

D'DAGA AGXFG D D D G V F G F V G V X G V F 

DFFDA AD V D D X G D F D D V D D G A F G D 

(224 letters) 
0 


